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OEMA 10

A.

B.1.

AG unoBeooupe OTI X1,X2,...,Xk €ival ol TINEG MIag WETABANTNG X,
nou agopd Ta AaTtopa evog desiypaTtog peyeboucg v, onou k,v

un Mndevikoi uaikoi apiBuoi pe k < v.

a. T ovopdleral anoAuTn ouxvoTnTa Vi, MNOU AVTIOTOIXEI
ornv TN X, i = 1,2,...,k;
Movadeg 3
B. Tiovopaderal oxXeTIKA ouxvoTnTa fi TNC TIUNAC Xi,
i=1,2,.,k:
Movadeg 3
Y- Na anodei&eTe OTI:
i) 0<fi<1l yiai=1,2,.,k
i) fi+fih+ . .+f=1.
Movadeg 4

MNa onoiadnnote acupBiBacta peTa&l Toug evdexoueva A, B
€VOC delypaTikoU Xwpou Q va anodeiEeTe OTI:
P (A uB)=P(A) + P(B).

Movadeg 8

B.2. a. Na JdwoeTe TOV KAQOIKO OpPIOYO TNG miBavoTnTag €vOg

evOEXOMEVOU A kanolou dEIyPATIKOU Xwpou Q.
Movadeg 5
B. Na OwoeTe TIC dApPIOUNTIKEC TIHEC TwWV  NAPAKATW®
néavoTnTwv:
i) P(Q) i) P (2).
Movadeg 2
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Andavrnon:

a) Ovopdaloupe andAuTn ouxvoTNTA, TO PUOIKO aApIBUO Vi, O onoiog
Oeixvel nooec QOpPEG eup@aviletal n TIMN X; TNG €€eTaldPevng
HMETABANTAC X 0TO OUVOAO TWV NApPATNPACEWV V.

B) Ovopaloupe OXETIKN ouxvoTNTa Tov apiBuod fi nou npokunTel av
OIAIPECOUNE TNV ANMOAUTN OUXVOTNTA Vi MOU AVTIOTOIXEI OTNV TIUA X;
ME TO PEYEBOC vV Tou OEiyuaToc.

Vi MEI =1, 2, ..., K.
A%

IoxUel dnAadn oTI: f, =

Y)
i) Eneidn eivai
O<vi<vyiakabei=1,2, ..,K
nPoKUNTEl OTI
0<Yi<y,
A%
Apa0<fi<lvyiakdbei=1,2, .., K

if) 'Exoupne

A% A% A% v, +v,+...+V
fi+fo+ .. +fi=L4+24. +==—1_22 .
A% A% A% v

B. 1.

Kavoveg AoyiopoUu Twv MiBavotnTwyv Otswpnua 1. ZeA. 150 oxoA.
BiBAiou.

B.2 a.

‘Eotw Q 0 JelypdaTikog Xwpog €vOg NEIPAPATog TUXNG ME 1ooniBava
anAd evoexoueva.

Opiloupe WG mBavoTnTa Tou evdexodévou A < Q Tov apiBuod
_ ITqBog Evvoikav Iepumtdoemv — N(A)

P(A) = =
[TAn00¢ Avvartov [lepittocewy  N(Q)
B.2.B.
(i) P(Q) =1
(i) P(@)=0
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OEMA 20
AiveTar n ouvaptnon f(x) = 2X .
x+1

a. Na Bpeite To nedio opiopoU TNG ouvapTnong f.

Movadeg 4
B. Na unoAoyiosTe To Oplo Iimf(x) .
X—3
Movadeg 4
Y- Na Bpebei n npwTn napaywyog Tng f.
Movadeg 7

3. Na Bpebouv ol epanTOPEVEG TNG KANNUANG TnG ouvapTtnong f
nou €ival napaAAnAeg oTtnv eubeia y = 2x + 5.
Movadeg 10

Andavrnon:

(a) Npénel x+1 # 0, ondTe x = -1
Apa Ai=R-{-1}

, . 2x 6 3
limf(x)=lim——=—=—
(B) x—3 () x->3X+1 4 2

o[ 2X '_ (2x)'(x+D —-2x(x+1)" _
(v) f (X)_(x+1] B (x+1)° -
2(x+1)-2x  2x+2-2x 2

(x+1)? (x+1)?  (x+1)?

(8) Avalntoupe x, € R—{-L woTe f'(x,)=2

2

‘OpwG: ') =—=

HWG (X) (X 1)
onoTe:

%:2@ 2=2(x,+1)°* <
(X, +1)
2(x, +1)°-2=0 (x, +)*-1=0

(X, +1-D(Xx, +1+D) =0 X, (X, +2) =0 (X, =019 x, =-2)

'ETOI TG onueia enagng €ival Ta
A(0,f(0)) = (0,0) kai
B(-2,f(-2)) = (-2,4).
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O1 avTioToIXeC €EIOWOEIC EPANTOUEVWYV €ival :
e 3TO onpeio A(0,0)
y-f(0) = f'(0)(x-0)
y—0=2x

apa

y = 2X

e 2TO onueio B(-2,4)
y-f(-2)=f'(-2)(x+2)
y—4=2(x+2)
y—4=2x+4

apa

y=2x+8

>nuUeiwon:

Qc andavrnon oTnv €Upedn TwV €EIOWOEWV TWV EPANTOUEVWV
(epwTnon d) 6a pnopouce va dwbei kalr n akoAoubn:

e 'EOTw y = ax+B n €&iocwon TG epanTohéEvng TNG KAPNNUANG Tng
oto A(0,0).
Tote: a=f(0)=2
Kal 0=20-B apa B=0
OonoTte vy = 2x
e 'EoTw y = a'x+B' n e€iowon TNG epanTopEvVNG TNG KAUNUANG TNG
oto B(2,4).
Tote: a' =f(-2)=2
Kal 4 =2(-2)+B apa B =38
Onote vy = 2x+8

OEMA 30
'Eva npoiov nwAeital o 10 d1aQOPETIKA KATACTAKATA OTIC NAPAKATW
TINEC, O Eupw:
8,610, 13,13, 15, 16, 18, 14, 14, 9.
a. Na unoAoyioeTe Tn PEON TIKA, TN JIAUECO KAl TNV €nikpaTouoa
TIUN.
Movadeg 6

B. Na unoAoyioeTe TO €UPOG, TNV TUMIKN anokKAIon Kal Tov
OUVTEAEDTH METABOANG.
Movadeg 6

Y. Av ol TIHEC TOU MpOiOVTOC O OAd Ta KATAOTHMATA unooTouv
eknTwon 10%, va eEetdoete av Ba PeTaBAnBei 0 CUVTEAEOTNG
METABOANRG.

Movadecg 13
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Xi Vi ViXi
8 1 8
9 1 9
10 1 10
13 2 26
14 2 28
15 1 15
16 1 16
18 1 18
10 130
a)
8
Zvi X;
1. Eivar x== _ 130 =13

10 10
2. lNa tn didpeoco BeTovTag Ta dedopéva o€ au&ouoa osIpa EXOULE:
8 9 10 13 13 14 14 15 16 18

Eival: 8=t5+t6 :13+14

=135

3. 'Exoupe dU0 €nikpaToUOoEC TIYEC = 13, 14,
B) To eupoc R = 18 - 8 = 10.

H diakUpavon s ivar:

2 =%[(8—13)2 +(O-13) +(10—13)" +2(13-13)* + 2014~ 13 +(15-13)" + (16-13)* + (18 —13)|=

=L[25+16+9+2+4+9+25]:%:9
10 10
Apa s=+s> =3
kal CV, :§=i
x 13
MNepinou 23%.
Y). Eotw vy;, i = 1, 2, ..., 10 oI TIUEG NOU MPOKUNTOUV META TNV

EKNTwon katd 10% n 1codUvaua Pe noAAanAaociacpo kata 0,9. H
VED PEON TIMA €ival y=09X, Ev® n vEa TUNIKN anokAion €ivar s, =

0,9 L4 SX
'ETOl 0 VEOG OuvTEAEOTAG METABOANG nMou npokunTel  €ival
cv, =208 S ey,

0,9-x X

Enopevwg dev Ba petaBAnBei o ouvTeAeOTNG HETABOANG.

Texvikn Ene€epyaocia: Keystone 5



OEMA 40
'Eotw A,B JUO0 evdexopeva evog deiyhaTikoUu Xwpou Q
ne P(A) + P(B) = 2P(A n B).

AiveTal akopa n ouvapTnon:
f(x) = (x - P(AUB))® - (x - P(AmB))3®, xeR.

a. Na dci&ete 0TI P(ANB) # P(AUB).
Movadeg 5

B. Na 0ci€te O0T1 n ouvaprtnon f(x) napouoialel HEYIOTO OTO
« = P(A +P(B)

2

onueio
Movadeg 13

Y- Eav Ta evdexopeva A, B eival acupBiBaota, va Oci&eTe OTI
f(P(A)) = f(P(B)).
Movadeg 7

Anavrnon:

a) Ano Tnv unoBeon £XOULE: P(A)+P(B) # 2P(A n B)
dnA. P(A)+P(B) - P(A N B) = P(A n B)

& P(A U B) = P(A N B)
B) Eivar: 7'(x)=3(x-P(AUB)) -3(x-P(ANB)) xe R
AkoOuN: f'(x)=0 & 3(x-P(AUB))’ =3(x-P(ANB))=0
x-P(AUB)=x-P(ANB)
& f

x—P(AUB)=-x+P(ANB)
P(AUB)=P(ANB) addvato

& l

2x =P(ANnB)+P(AuB)=P(A)+P(B)
k- TR PE)

Eniong:  f(x)>0 & 3(x-P(AUB)) =3(x—P(ANB)) >0
& (x—P(AUB)-x+P(ANB))(x-P(AUB)+x—P(ANB))>0
& (P(ANB)-P(AUB))[2x—(P(A UB)+P(ANB))|>0
& (P(ANB)-P(AUB))[2x—(P(A)+P(B))]>0 (1)
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'OPOC: ANBcAuUB=PANB)<P(AuUB)
kal eneidn: P(A N B) # P(A U B)

givai: P(A n B) < P(A u B)
'‘ETO: PANB)-P(AUB) <0
OonoTe: (1) & 2x < P(A)+P(B)

o x< P(A)+P(B)

AvTioToixa npokUnTel OTI: f (X)<0 & x >w

Apa n f napouoialel max yia x:%P(B)

Y) AQpoUANB=0=PANB)=0 (1)
kai  P(A UB) = P(A)+P(B) (2)
'ETo1: f(P(A))=[P(A)-P(AUB)| —[P(A)-P(ANB)[

"Zlpa) - pa) - @) - [P(a)]

= -P*(B) - P’(A)
f(P(B))=[PB)-P(A UB)] -[P(B)-P(ANB)]

(1,2 3 ;
= [P(B)-P(A)-P(B)] —P*(B)

= -P*(A) - P*(B)
Apa: f(P(A)) = f(P(B)).
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